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VAPORIZATION RESPONSE OF EVAPORATING DROPS
WITH FINITE THERMAL CONDUCTIVITY
by V. D. Agosta and S. S. Hammer
SUMMARY
The primary objective of the analysis was to obtain a numer-
ical computing procedure for determining the vaporization response
of droplets with finite thermal conductivity in an oscillating
pressure and flow field. The governing equations for vaporization
of liquid drops in a rocket combustor environment were taken from
Refs. 1 and 2. Additional equations were employed to account for
finite thermal conductivity of the liquid drop (Ref. 3). The system
of equations were solved utilizing a finite difference technique
and a high speed digital computer. Oscillation in the rates of
vaporization of an array of repetitively injected drops in the
combustor were obtained from the summation of individual drop
histories. A nonlinear in-phase frequency response of the entire
vaporization process to pressure oscillations was calculated and a
response factor, R , was determined as defined by Equation 1 of
n \,
Ref. 4. In addition, a nonlinear out-of-phase response factor, I
in-phase and out-of-phase harmonic response factors R.. , R~, I.., !„
and a Princeton type "n" and "T" were determined as described in
Refs. 5 and 6. In general, it was found that the nonlinear in-
phase response factor, R , was not very sensitive to variations
3 n/f-
of up to 10 in the liquid thermal conductivity, for the frequency
range of interest in combustion instability studies.
The resulting data was correlated and is presented in graphical
format. Qualitative agreement with the open literature is obtained
in the behavior of the in-phase response factor.
INTRODUCTION
Studies on nonlinear combustion instability have been per-
formed (Refs. 2,4,7) which indicate that vaporizing drops are
sensitive to frequency-dependent pressure oscillations. The sensi-
tivity of the vaporization processes has been traced to thermal
time lags, namely, that time delay between changes in the drop
temperature and subsequent mass vaporization and changes in the
drop environment. The thermal time lag model proposed in Ref. 7
is extended to include the effects of drop thermal conductivity on
drop surface temperature and mass vaporization.
Wave deformation effects on droplet vaporization as proposed
in Ref. 5 were also considered in this investigation by varying
the harmonic distortion in a pressure disturbance propagating in a
liquid rocket combustion chamber.
Nonlinear and harmonic in-phase and out-of-phase response
factors which have been evolved from linear limit-cycle stability
analyses have been adopted for use in this report. This pro-
cedure is consistent with present usage and allows for the com-
parison of data and results for similar parameters and factors.
THEORY
Drops of liquid oxygen are assumed to be vapdrizing in com-
bustion gases, composed of stoichiometric reaction products with
hydrogen in a cylindrical combustion chamber, with an established
travelling- transverse acoustic mode. The instantaneous pressure
and gas velocity functions consist of the steady state and oscillating
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where
a = speed of sound
f = frequency of oscillations
J = Bessel function
m = mass of droplet
m.= initial mass of droplet
p = instantaneous pressure
p = mean chamber pressure
Ap, = peak-to-peak pressure amplitude (fundamental)
Ap-= peak-to-peak pressure amplitude (harmonic)
R = radial location in chamber
R= radius of chamber
t = time
T = temperature
U = gas velocity
U = final axial gas velocity
af
6 = phase angle
Y = isentropic exponent
The wave is assumed to be adiabatic with chamber temperature
and pressure related by
(6)
Pc
The oscillations of pressure and velocity are superimposed
on the mean level of parameters affecting drop evaporation and
motion. The vaporization rate is controlled by heat and mass
transfer to the surface of a drop with finite thermal conductivity.
Drop motion is controlled by a momentum balance as a result of drag
with the enveloping gas. Axial gas velocity is proportional to
the fraction of drop mass vaporized, and it attains a final assumed
velocity at complete evaporation. The complete drop history is
defined by the following equations for weight evaporation rate
heat transfer, acceleration in an axial direction and temperature
distribution within the drop.
The governing differential equation for temperature in a
spherical liquid droplet is given by
Tt= a(Trr+ — Tr) 0 _£ r <: rg (7)
t ^  0
where a = liquid thermal diffusivity
r = radial coordinate within the drop
r = surface radius.
s
The subscripts r and t represent differentiation with respect
to radius and time, respectively. For small droplets the assump-
tion of spherical geometry is usually accepted. It is recognized
that hwere drag exists, droplets deform; however, in this analysis
the deformation is neglected. The initial condition assumes that
the droplet is at uniform temperature T ,
T(r,0) = TQ 0 <: r £ rg ; t=0 (8)
The boundary conditions are
T(0,t) is finite r=0 ; tX) (9)
and
r=r ; 0 <: t j< oo
where h = heat transfer coefficient
T = drop surface temperature
S
k = liquid thermal conductivity
X = heat of vaporization
Cp = specific heat of droplet vapor
w = mass evaporation rate
A, = droplet surface area
It is assumed that the film thickness surrounding the droplet is
small compared to the droplet diameter.
The mass evaporation is given by
w = AdKgp In ^  r=rs (11)
where p = droplet vapor pressure
K = mass transfer coefficient.
The heat and mass transfer coefficients h and K , respectively,
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where k = vapor-gas mixture thermal conductivity
R = universal gas constant
M = molecular weight of vapor
v Tc+TsTm = arithmetic mean temperature, —-K—
Pr = Prandtl number (c ,_,..,
Sc = Schmidt number (u/Dp)r
 m
Re = Reynolds number 2r (VEL)v ,s \* tn
V. = drop velocity
D = molecular diffusion coefficient
and
 2 2 2Ni-
VEL= ((Ua-Vd)^  + Uj + U^ )2 (14)
The droplet acceleration is determined by considering the
momentum transfer, between the liquid drop and gases due to aero-
dynamic drag
dv p / I I
~
 =
 8 °D -p£ ' rs
and the drag coefficient
2p AVr -«84
CL = 27 —& ^ (16)
where AV is the difference between the axial gas velocity and
drop velocity.
The droplet radius is, of course, a function of time and is
related to the mass evaporation rate,
(17)
where f = surface regression rate; time rate of change of drop
S
radius.
The analysis of droplet evaporation in a gas stream, as form-
ulated above, is developed into a computer program for the numerical
solution of the time dependent evaporation rate, droplet radius and
temperature distribution within the drop. A detailed discussion of
the calculation procedure and a program listing are contained in
Appendix B. Beginning with a specification of the initial conditions
the droplet vaporization and surface regression rates are determined
from Eqs. (11) and (17). The heat balance equation (10) at the drop-
let surface is then used to determine the temperature gradient at
the surface. By finite difference techniques the temperature gradient
at a point adjacent to the surface, and the second derivative of
temperature with respect to^r_at^_the .surface-^ are determined,
Equation (7) is then used to obtain the variation of surface temp-
erature with time. Interior point temperature calculations are
performed by utilizing a finite difference scheme for the solution
of Eq. (7). At the end of the time interval new values are calcu-
lated for surface radius, drop velocity, surface temperature and
droplet mass by integrating ghe appropriate time derivatives over
the interval. The gas pressure, temperature and velocity are
evaluated at the end of every interval from Eqs. (l}-(6). These
thermodynamic and geometric properties then become the initial
conditions for the next time interval. The procedure continues
until the droplet mass is reduced to 10% of its initial value.
A summation of single-drop histories is used to determine the
time variations in vaporization rate of a one-dimensional array of
repetitively injected drops. An arbitrary number of drops are
injected into the chamber every cycle at times distributed evenly
over the oscillation period. For the case of four drops injected
per cycle these would appear in the chamber at intervals of one-
quarter period. Vaporization histories vary among drops injected
at different times during one pressure oscillation; however, drops
injected at times one period apart experience identical, acoustic
pressure and velocity fields and thus, have identical histories.
Eventually the same number of drops are completely vaporized per
cycle as are injected, and the number of drops in the array becomes
constant over each full cycle. When this steady state condition
is reached the fully developed array consists of a number of drops
equal to the ratio of drop burning time to oscillation period times
the number of drops injected per cycle. The droplets in the array
have a decreasing mass down the length of the chamber and range in
age from a new drop just injected to an old one almost completely
vaporized. With the array fully developed, the mass vaporizing
from the entire array of drops at any time is obtained from a
summation of the vaporization of the individual drops that constitute
the array.
Since the history of each injected drop is calculated inde-
pendently of the preceding or succeeding drops, the computation
time is dependent on the number of drops injected per cycle. In
order to simulate a continuous injection of drops, it would be
necessary to analyze an unwieldy number of drops. Alternatively,
it is possible to smooth out perturbations in the array vaporization
history caused by the appearance and disappearance of a small
finite number of drops by artificially inserting additional drops
between those whose histories are calculated. The vaporization
rates of the artificially injected drops are determined by inter-
polation between the vaporization rates of the drops for which
calculations are performed. Thus the instantaneous vaporization
rate for the entire array is obtained from a summation of the
calculated drop histories and interpolated artificial drop histories,
The vaporization history of eight drops, injected at equal
intervals during a pressure cycle is shown in Figure 1. The
vaporization rate tends to be higher at both the maximum and min-
imum pressure condition in the oscillation than at the mean pressure
conditions. This is a result of lower total velocities at the mean
pressure condition. For the case shown in Figure 1, the next drop
injected (drop 9) would exhibit the identical behavior as drop 1.
For a burning time of .001 seconds and a pressure oscillation
period of .00033 seconds the fully developed array would consist
of 30 drops with drops 1, 9, 17, 25 exhibiting identical behavior,
drops 2, 10, 18, 26 exhibiting identical behavior, etc. The
vaporization from the entire array is obtained by adding the evap-
oration rates of all of the constituent drops at corresponding
times in the pressure cycle. The results of this calculation, along
with the pressure curve, is shown in Figure 2.. It is evident from
this curve that the evaporation rate tends to be higher at times in
the pressure cycle corresponding to maximum or minimum pressure
with relatively lower evaporation rates occurring at the mean
pressure.
The calculation shown in Figures 1 and 2 required 160 seconds
of computing time on a CDC 6600 computer.
In order to insure that certain computational procedures being
used would yield results that were reproducible, the following tests
were conducted: In the drop evaporation test runs, calculation was
terminated after 90% of the drop mass had evaporated. In order to
insure that this was not a premature cutoff point, one run was
extended to the 97% mass evaporation point. In the former case, the
response function was 0.548; in the latter, 0.545. The difference is
negligible; thus a mass termination point of 90% was adopted.
In the determination of the response factor, R , eight drops
II ^ _f
were introduced, evenly spaced during the pressure cycle. The
cumulative mass evaporation from these drops was calculated and
subsequently the response factor. At low frequencies the drop array
size was not statistically meaningful. The question posed was:
are eight oxygen drops a statistical meaningful array at a frequency
of 1000 Hertz? A quick answer was sought. In one run, 20 drops
were used in a drop array and the resulting response factor thus
determined did not vary significantly from the results for the
eight-drop array.
RESPONSE
Imposing acoustic oscillations on the pressure and velocity
field in a rocket combustion chamber causes perturbations in the
vaporization rate of the array of droplets resident in the chamber.
The oscillation in vaporization rate will exhibit harmonic components
of the imposed frequency of acoustic oscillations. A series of
response factors are calculated in this study in order to relate
vaporization rate oscillations to pressure and velocity field
oscillations. These response factors are the in-phase and out-of-
phase components of the vaporization rate oscillations relative to
the acoustic pressure oscillations, where both oscillations are
given as fractional perturbations about the mean value of the variable,
The nonlinear in-phase response factor, R , can be extracted
n j(j
from the array vaporization rate and normalized by correlation











where W is the instantaneous evaporation rate from the entire
array and W is the average value of W taken over a full cycle.
The nonlinear out-of-phase response factor, I , is given by
n %,
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Out-of-phase harmonic response factors
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A Princeton type "n" and "T" defined in Ref. 6 are also cal-
culated from the nonlinear response factors
_ (25)
where T is defined from the following equation:
P. (l-cos2TTfT)+P2,(l-cos4rrf T) R





A. Parametric Study of Response Functions
A series of calculations were made, utilizing the previously
described computer program, in order to determine the effect of a
variety of boundary conditions on the magnitude of the response
functions for evaporating liquid oxygen droplets. The thermodynamic
properties used in the calculations were:
—7 2Thermal diffusivity = 7.56x10 ft /sec
Liquid density =72 Ibm/ft
Prandtl number = .712
Gas viscosity = 4«,2xlO~ Ibm/ft-sec
Vapor specific heat = .288 BTU/lbm°F
Liquid thermal conductivity = 2.21xlO~ BTU/ft-sec-°F
Gas thermal conductivity = 4.04xlO~ BTU/ft-sec-°F
Isentropic exponent = 1.135
Initial drop temperature = 140°R
Combustion gas temperature = 6500°R
The vapor pressure and heat of vaporization of the liquid
oxygen is evaluated as a function of the drop surface temperature by
16.93*. 1476
pv(lbf/ft2) = e * T-3.57
UBTU/lbm) = 61.33 + .5916T - .00248T2
The following parameters were varied over the range indicated:
Chamber pressure: 100-600 psia
Initial drop radius: 15-150 microns
Final gas velocity: 400-2400 ft/sec
Initial drop velocity: 50-200 ft/sec
Frequency of oscillation: 200-30,000 cps
Amplitude of fundamental (Ap,): .Olp -,8p
Amplitude of harmonic (Ap2): 0-1.2 Ap,
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Table I gives the full range of tests conducted with boundary
conditions and response functions.
A cursory look at the values calculated for the in-phase non-
linear response factor, R , indicates many values that are greater
** ^than those previously found by the methods of Refs. 2 and 4. The
present study includes the effects of finite thermal conductivity
which, as discussed previously, causes a significant decrease in the
time required for the drop surface to reach an effective equilibrium
temperature. In addition, the temperature of the drop center remains
relatively unchanged over the entire lifetime of the drop with the
temperature gradient in the drop concentrated at the drop outer
surface. Both these factors make the drop more sensitive to fluctua-
tions in ambient pressure and temperature with concomitant increased
response factors.
The major cause of larger response factors obtained in this
study, however, appears to be due primarily to the effect of wave
distortion, i.e., inclusion of harmonics in the ambient pressure
field. This causes more relative peaks and valleys in the impressed
pressure oscillation with attendant increases in evaporation rate.
Another significant contributing effect is the presence of the array
of drops in a varying gas velocity field.
Figures 3 and 4 indicate the quantitative effect of wave dis-
tortion and amplitude on the nonlinear in-phase response factor, R .
For the case of a constant ratio of the first harmonic to fundamental
wave pressure amplitude, AP~/AP,=0.8, Figure 3, the variation of
R is relatively independent of fundamental amplitude provided
1* ^_/
AP, >, O.lP . For the case where the fundamental amplitude is small,
Ap,=0.01p , the response factor increases significantly to a maximum
value of R =1.68. This behavior agrees qualitatively with that
11-V
shown in Figure 2 of NASA TN D-6287, Ref. 5. Figures 4a, 4b and 4c
show the effect of variations in the relative magnitude of the harmonic
amplitude. The maximum response curve occurs at a value of Ap2=0.8Ap..
This too is in agreement with the results found in Ref. 5. It is
13
observed from Figures 4a,b,c that the frequency at which the maximum
value of R occurs decreases with increasing fundamental amplitude,
nt
Figure 4b contains the results of calculations made for zero
harmonic content, Ap2=0. As discussed above, the results obtained
in Ref. 4, NASA TN D-3749, also were for the case of no harmonic
content in the pressure oscillation. The magnitude of the response
factors calculated in this study for Ap =0 are lower than those
obtained with non-zero harmonics and are consistent with those ob-
tained in NASA TN D-3749.
The final gas velocity greatly affects the value of R . This
n .£,
effect is observed in Figure 5 at all frequencies. A crossplot was
made at 1200 Hz, Figure 6, and the final gas velocity extended on the
low scale to 50 feet per second with drop velocities of 100 feet
per second. It is seen that the value of the nonlinear in-phase
response factor increases to 2.36 at a final gas velocity of 200 feet
per second. It is also observed that the values of R . are about
twice those observed in the previous Figures 3 and 4. In the regime
Ap _>0.1p , the values and behavior of the nonlinear response factor,
R ., agree Doth qualitatively and quantitatively with those shown in
n *c
Figure 7, NASA TN D-6287, Ref. 5.
An attempt was made to correlate all of the response factor data
obtained utilizing the transformed frequency suggested in Refs. 2 and
4. However/ the buckshot nature of the resulting curves indicated
that while qualitative agreement between the two studies is obtained,
the previous correlations are unsuitable for the kind of model em-
ployed in tnis study. In order to correlate the data it was necessary
to use a transformed response factor together with a modified trans-
formed frequency. The transformations were obtained by trial and
error in an attempt to minimize the data scatter. It was found that
rather than include the effects of wave amplitude and distortion in
the transformed coordinates, the effect of these variables could best
be seen by utilizing parametric curves.
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The transformed frequency is defined as
and the transformed response factor is
Rn^l200J \V°°J (p°°j (^rj
Figure 7 shows the results of the correlation study with
separate curves to depict the effect of wave distortion and amplitude.
For fundamental amplitudes greater than .lp the effect of funda-
mental amplitude is not significant, but the effect of harmonic
amplitude must be considered. Decreasing the fundamental amplitude
to O.Olp causes significant increases in the response factor.
The study was extended to include the correlation of the in-
phase fundamental response factor R. and harmonic response factor R2/
and these are shown in Figures 8 and 9. Both response factors are
transformed similar to R „ and correlated against the transformed
r\t
frequency factor cited above. The fundamental response factor
increases with the amplitude of the harmonic and is relatively in-
sensitive to variations in the amplitude of the fundamental for
APi— »lP • T^e magnitude of the harmonic response function increases
with a decrease in the magnitude of the harmonic pressure oscillation
component. Response factors, R_, on the order of 3.0 were calculated
for harmonic amplitudes equal to 0.2 times the fundamental amplitude.
The qualitative behavior, and the juxtaposition of these curves,
agree with those shown in Figure 8, Ref. 5. The curves shown in
Figures 7,8,9 represent the best fit through the available data.
Deviations from the curve were generally less than 10% from the
curve.
Figures 10,11 and 12 represent the correlation of the results
for the nonlinear out-of-phase response factor, I , the fundamental
15
out-of-phase response factore, I,, and the harmonic out-of-phase
response factor, I_. The I curves were correlated with transforma-
^ n *c
tions similar to those employed for the in-phase response factor.
The shape of the curve is similar to a cubic with a relative maximum
point in the transformed frequency range of 300-400 cps and a rela-
tive minimum at a frequency corresponding to the location of the
maximum point on the R . curves.
n \f
The results for the correlation of the out-of-phase fundamental
response factor indicate that wave amplitude and distortion have no
effect. In addition, excellent correlation was obtained by trans-
forming I. by a multiple ,of (300/p ) * and the frequency by a multiple
3/2
of (r/50) . Thus the final gas velocity and initial drop velocity
are not effective in varying the magnitude of I, .
The correlation of the data for the out-of-phase harmonic
response factor, !_, required utilizing a transformed ordinate
•M 1200
plotted against a transformed frequency
t3/2
Correlation also required the use of parametric curves to display
the effect of wave distortion; i.e., the magnitude of I2 decreases
with increasing harmonic component amplitude.
In Figure 13, a corelation of a Princeton type "n" was plotted
vs. frequency factor, F. It is seen to remain essentially constant
over a broad spectrum of frequency factor. The value of "n" increases
with the amplitude of the harmonic pressure perturbation amplitude.
Figure 14 is a plot of T vs. frequency of oscillation for a
variety of drop radii, initial drop velocity, final gas velocity and
amplitude of pressure^^isturbance_.__The_varia.tion_of—the^-values- of
16
of the parameters cited above are those which normally occur in
liquid rocket engine practice. The results indicate that it is possi-
ble to correlate the values of T with the frequency of oscillation
without any significant dependence on any of the other parameters.
The correlation seems to indicate a relationship between T and f of
the form,
fr = constant.
The value of T is determined from Eq. (26) . The right-hand side
of the equation, i.e., R /I , has a value in the range 0.1 to 4.0
n ^  n "C/
for the vast amjority of cases tested in this study. The correspond-
ing values for 2rrfT are in the range 250 to 350 degrees. These,
when plotted for the specific case tested, yielded essentially a
straight line on a log-log plot as is suggested in the above equation.
The data from the above studies were regrouped for each of the
seven response factors to show the effects of fundamental pressure
perturbation amplitude (Ap,), harmonic pressure perturbation amplitude
(Ap-), injection velocity (VD), final gas velocity (u ), droplet
radius (r) and chamber pressure (P ). The following table shows a































































B. Effect of Thermal conductivity
In general, it was found that the nonlinear in-phase response
factor, R , was not very sensitive to variations of up to 10
n \,
in the liquid thermal conductivity, for the frequency range of
interest in combustion instability studies. These results are
explained below.
The calculation for the R requires the summation of the
n.{,
instantaneous evaporation rate of the complete array of drops in the
chamber over an interval of time. Thus, any particular local event
resulting from the interaction of the pressure wave and one drop is
masked by the summation of all the other events occurring at the
same time. In other words, the random event associated with each
drop is masked by the stoichastic behavior of the drop array. \
A second reason for the insensitivity of R , to the thermal
conductivity variation is that an open loop analysis is assumed.
There is no feedback to the wave behavior from the droplet evapora-
tion. This feedback can be significant in deforming the wave shape,
and consequently the response factor, R . The wave shape can be
li \,
deformed not only by coupling the relaxation time to the evaporation
but also by the amount of vaporization occurring from the array of
drops during the coupling. These two situations are discussed below
for a particular case.
The drop is introduced at a uniform temperature of 140°R. The
drop surface heats up to about 240°R and remains at that temperature
during its lifetime. For a 50|i radius oxygen drop, and normal thermal
conductivity, it takes 1.99xlO~ sec. for the drop surface to reach
238°R. For the drop with high thermal conductivity, i.e., 10~ Btu
ft" °R~ sec" , it takes 1.87xlO~ sec. for the drop surface to reach
239 R. It is noticed that the time lag differs by about two orders
of magnitude. In a closed loop analysis, this difference in time lag
could mean the difference in the effective coupling of the drop
evaporation to drive the passing pressure wave.
18
For the case where the normal thermal conductivity is employed,
the drop center does not appreciably heat up during its lifetime.
For example, after 90% of the drop mass has evaporated, the temp-
erature of the drop center is still 144°R. As found previously
(Ref. 3), the temperature gradient is concentrated at the drop
outer surface. For the case where the large thermal conductivity
is used, it is found that the drop remains uniform in temperature„
The uniform temperature drop has a much larger thermal inertia
than the normal drop; thus the dynamic behavior of these drops would
be very different, not only in the lag times, but also in the mass
evaporation response to a disturbance. For example, for a passing
compression wave, the normal drop would obtain a much greater surface
temperature than the uniform temperature drop for the same amount
of heat transfer to the droplet. If one includes the nonlinearity
of the Clausius-Clapeyron equation, then the additional mass evap-
oration in the former case would be much greater, with increased
concomitant response factor.
SUMMARY OF RESULTS
The objective of this investigation was to analytically determine
stability parameters relating drop vaporization response rates in a
liquid rocket combustor to nonlinear-high amplitude pressure oscilla-
tions for drops vaporizing with finite liquid thermal conductivity.
The results of the program can be summarized as follows:
1. A computer program was developed for determining the vapor-
ization response of droplets with finite thermal conductivity to high
amplitude distorted pressure oscillations.
2. Drop vaporization responses for an array of drops traveling
through a rocket combustor are significantly different than the
response of a single drop stationary in a flow field„
3. The vaporization rate responses were very dependent on drop
size, final gas velocity in the combustor and wave distortion. The
responses were moderately dependent on liquid droplet velocity and
weakly dependent on chamber pressure and wave amplitude.
19
4. A general correlation scheme was developed to relate
various response numbers that can be used in stability analyses to
combustor operating conditions.
5. For the Princeton type time lag response, the time lag was
found to be inversely proportional to the frequency, resulting in a
phase lag of 250 to 350 degrees.
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TABLE I
*PARAMETRIC STUDY OF RESPONSE FUNCTIONS
Unless otherwise noted, the boundary conditions used to calculate
the response functions are:
Chamber pressure p = 300 psia
Drop radius = 50 microns
Drop initial temperature = 140 R
Drop initial velocity = 100 ft/sec
Final gas velocity = 1200 ft/sec
Amplitude of fundamental pressure perturbation; Ap =.2 p



















































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































































a speed of sound
A, droplet surface area
d
r drag coefficient
Cp droplet vapor specific heat
D molecular diffusion coefficient
f frequency
h film heat transfer coefficient
k liquid thermal conductivity
km vapor-gas mixture thermal conductivity
K mass transfer coefficientg
M molecular weight
m droplet mass
pc mean chamber pressure
Pv vapor pressure
Ap amplitude of fundamental pressure perturbation
Ap? amplitude of harmonic pressure perturbation
r droplet radius
















Calculation Procedure and Program Listing
The procedure used in calculating the droplet evaporation
histories, temperature distribution within the drop and response
factors is illustrated by the flow diagram.
Step 1. Load into the machine the following boundary condi-
tions, initial conditions and computational parameters.



















- Number of calculation steps between
output for each drop
- Number of mesh points minus one within
drop
- Number of drops injected per cycle
- Number of summation histories per period
- Number of artificial drops insisted
between each of tne NP calculated drops
- Initial drop radius (ft.)
2
- Mean chamber pressure (Ibf/ft )
- Final gas velocity (ft/sec)
- Initial drop velocity (ft/sec)
- Ratio of peak-to-peak fundamental pressure
oscillation to mean chamber pressure
- Ratio of harmonic pressure oscillation
to fundamental oscillations
- Frequency of pressure oscillations (cps)
- Stretching parameter (1.3)
28






Initial time increment (sec.)
Mean combustion gas temperature (°R)
initial droplet temperature (°R)
Phase angle of pressure oscillation
1 841RZero order Bessel function Jn (• •'••• • • )0 Rw
- First order Bessel function J (1 84 1R'°
RWR
















Card 6.(8E 10.4) VIS
AK
1 841RSecond order Bessel function J2 (—^ — )
Ratio of radial location in chamber to
wall radius
Ratio of specific heats for combustion
gases
2
- Liquid thermal diffusivity (ft /sec)
- Liquid density (Ibm/ft )
- Universal gas constant
- Critical pressure - droplet (Ibf/ft )
- Critical pressure - combustion gases
(Ibf/ft2)
- Critical temperature - droplet (°R)
- Critical temperature - combustion gases (°R)
- Molecular weight - droplet
- Molecular weight - gases
- Constant in diffusivity equation -
2.33 x 10~6
- Constant in diffusivity equation - 1.823
- Molecular weight of drop vapor
- Prandtl number of gases
- Combustion gas thermal conductivity
(BTU/ft-sec-°R)
- Drop vapor specific heat
- Combustion gas viscosity (Ibm/ft-sec)
- Drop thermal conductivity (BTU/ft-sec-°R)
29
Step 2. Write out the value of all input variables and cal-
culate all parameters that are constant throughout calcula-
tions. Initialize droplet and qas parameters to begin
calculation of N drop history. Redefine variables as
follows:
U = Tr (Al)
so that Eq. (7) becomes
U. = aU (A2)
The space variable within the drop is also redefined:
a = r/s (A3)
where s is the drop surface radius as a function of time.
The space variable is further redefined as:
X = Aa(z+l/(A-z)) - a (A4)
wh where „
a = (A-1)/(A">1-A) (A5)
and A is a stretching parameter which concentrates mesh
points near the surface of the drop. The heat conduction
equation (A2) can now be written:
2
+ dvyx/s2)ux+ -SSL. uxx (A6)
s
where Y = |f .
Step 3. The interior point calculations are performed
(temperature distribution within the drop) by utilizing
a finite difference scheme for the solution of the trans-
formed heat conduction equation based upon the current
values of drop surface temperature and heat transfer rate
to the drop.
Step 4. Droplet evaporation rates, changes in combustion
gas properties, droplet velocity and net heat transfer
to the drop are calculated by solving Eqs. (10) through
(17). The evaporation rate is stored for future summation
30
in the array history, intermediate results are printed
at the end of every JA time increments.
Step 5. If the drop is not 90% evaporated, time and other
thermodynamic and dynamic variables are incremented and
control is transferred to Step 3.
Step 6. If the drop has reduced to 10% of its initial mass,
the evaporation rate is transferred into the array summa-
tion matrix at a predetermined number of points during
the period (NY).
Step 7. An interpolation of the evaporate rate between the
N and (N-l) drop is made for each of the artificial
drops injected between two drops for which calculations
are performed. These evaporation rates are added to the
array matrix.
Step 8. Test for end of evaporation calculations.
Step 9. Calculation of response factors by solving Eqs. (18)
through (26).
Step 10. Print results. ,
The machine computation time is primarily a function of the
number of drops injected per cycle. For the case described in
Figs. 1 and 2, i.e., eight drops injected per cycle, a total of
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PROGRAM DROPSdNPUT.OUTPUT,TAPES = INPUT,TAPF6 = OUTPUT)









NA=NUMBER OF MESH POINTS MINUS ONE
jfl=NUMBER OF STEPS BETWEEN OUTPUTS FOR THE FIRST DROP
NP=NUMRER OF DROPS INJECTED PER CYCLE





























CONVERT DPC TO 1/2 PEAK TO PEAK PERTURBATION
























































































INITIALIZATION OF VALUES FOR THE (NN)TH DROP





















DO 10 N = 1»NC
X(N) = DX«FLOAT(N-1)








T(N) = TO . . . . . . . .
































































IF(K.LT.IOO) GO TO 40
DT=STAB»10.
IF(K.LT.200) GO TO 40
DT = 100.
DO 30 N = 1,NA
OT3 = (R(N»l)-R(N))»*2/ALPHA/4.
IF (D1.LT.DT3) GO TO 30
DT = DT3
30 CONTINUE
40 TIME = TIME*DT
UN(1) = 0.































IF (LOOP.EQ.O) SN = S*ST»DT
IF (LOOP.EG.1) SN = ,5«(S+SO*ST»DT)
TNAMN = UN(NA-1)/SN/Z(NA-1)











































































































IF (KIM.GT.O) SN = SIM
DO 110 N = 1,NC
UO(N) = U(N)
R(N) = SN'>Z(N)
IF <N.NE.l) T(N) = UN(N)/R(N)






IF (LOOP.EQ.l) GO TO 120
.LOOP = 1 -• - - - "
GO TO 50
120 CONTINUE


























































IF (KK1.LT.3) GO TO 130






IF (NN.EO.l) GO TO 1*0
PATIO = (S/SIT)*»3




1*0 IF (S.GT.O.*6*1589»SIT) GO TO 20
WRITE (6*360)
TB = TIME
IF (NN.EQ.l) T90 = TB
150 CONTINUE
C
C COMPUTATION OF SUMMATION HISTORIES BEGINS HERE
C











W (KK)=FWDOT (TK) »W (KK)
153 CONTINUE
GO TO 220




160 Tl = TB+(I-1)«DTBAP
IF (TK.GT.T1V GO TO 170
II = I
GO TO 180
170 I = 1*1
GO TO 160
180 CONTINUE
IF (NN.EO.l) W(KK) = 0.
INDEX = KK2
DO 190 N = 1.2































































DO 200 NI = 2. NT
T2 = NI»TAU«(NN-1)»OTBAR








































































































WRITE(6,400)RNL» Rl »R2» A INL» AI1« AI2»CAPF.CAPG» T90
























270 FORMAT (1HO» 10HRUN NUMBERI5»5X»2HONI3»1H/I2»1H/I2/X
1 13H OUTPUT EVERYI6.6H STEPS//14H GA£
2 PRESSURE=E13.5,7H L9/FT2/17H GAS TEMPERATURE=E13.5*8H PANKINE/24K
3 DROPLET INITIAL RADIUS=E13.5»3H FT/21H DROPLET TEMPERATURE=E13.5«
48H RANKINE/11H FINAL VGA=E13.5»7H FT/SEC/18H DROPLET VELOCITY=E13,
55«7H FT/SEC/51H AUTOMATIC STOP WHEN 90 PERCENT MASS HAS EVAPORATED
6)




290 FORMAT (35H PV(T)=EXP(16.928-1476.5/(T-3.568))/36H LAMBDA(T)=61.3?
l + .5916«T-.00248»T««-2/83H D (P»T) = (PCA<>PCB) «»l/3/SQRT (MA«MB/ (MA»MB) )
2»(TCA»TCB)»»5/12/P«A«(T/SORT(TCA*TCB))**B)
300 FORMAT (36HONUM8ER OF INTERVALS INSIDE DROPLET=I3»23H» STRETCHING
1PARAMETER=E12.4/21H STABILITY PARAMETER=E12.4)
310 FORMAT (6HOFAIL1)
320 FORMATdHl. 36HPROGRAM DROPS AUGUST 1972 VERSION >
330 FORMAT(46H THE NUMBER OF CALCULATED DROPS PER PERIOD IS I5/58H THF
1 NUMBER OF ARTIFICIAL DROPS BETWEEN EACH REAL DROP IS I5/51H THE E
2VAPORATION FROM THE ENTIRE ARRAY IS SUMMED AT»I4»18H POINTS PER PE
3RIOD)
340 FORMAT(9HO OMEGA»7X«5HTHETA»5X«10HDPC PK-PKt6X«3HAJO*9X.3HAJl,
39
19X,3HAJ2»9X,3HRWR/7E12.4)
00?':26 350 FORMATUH0.5HDROP I5.36H CALCULATION ENDS WITH A MASS RATIO=E10.3>
002426 360 FORMAT (1 HO»5XO2H90 PERCENT EVAPORATION COMPLETED)
002426 370 FORMAT UX,10E10.3>
002426 380 FORMAT (1H1»6H W IS)
002426 390 FORMAT(1X«5H WAV= E12.5)
002426 400 FORMAT<1X»5H RNL= E12.5/1X»5H Rl= E12.5/1X,5H R2= E12.5/1X«5H INL=
1 E12.5/1X,5H 11= E12.5/1X.5H 12= E12.5/1X»5H F = E12.5/1X.5H G =
2E12.5/1X»5H T90=E12.5» 8H SECONDS)
002426 410 FORMAT(1X,5HDPC1=E12.5»5X,9H(DP1/DPC) )
002426 500 FORMAT(// / 9H WTS = E12.5»8H RADIANS/9H ANGLE = E12.5»8H DEGREES
















































IF(T.LT.TTTd)) GO TO 30
IF (T .GT.TTT(KK2)) FWDOT = WWW(KK2)
IF(T.GT.TTT(KK2)) GO TO 30
00 10 I = 1*INDEX
L = TNDEX*1-I




20 LP = LM*1
INDEX = LP
EPS = (TTT(LM)-T )/(TTT(LM)-TTT(LP))
FWDOT = WWW(LM)»EPS«(WWW(LP)-WWW(LM))




IF(NN.NE.l) GO TO 40
SAVW(MARK»KK)=WW
ART=0.


















































DO 10 N = 1»NH
L = NM*N
10 WRITE (6»30> N*R<N)*T(N)*L*R(L)*T(L)









30 FORMAT ( 19»2E15.5(I9,2E15.5)
40 FORMAT (1HO//5X»4HSTEPI6»10X»5HTlME=E12.4»5Xt3HRS=E12.4/24X,6HRSOO
1T=E12.4,5X*5HWDOT=E12.4//18X»1HR»13X»1HT»24X»1HR»13X,1HT)
50 FORMAT (2X«2HH=E10.3*1X»AHREy=E10.3»1X»11HMASS RATIO=E10.3»1X.3HOT
1=E10.3)
60 FORMAT (2X»2HP=E10.3«1X»3HTF=E10.3) »
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